I. In this note we give an alternative and more instructive proof of the fundamental theorem on which our earlier researches in this field ~ were based.
The theorem may be stated as follows. 2 That is to say, the absolute value of the left hand side is less than Ax 2, where A is au absolute constant.
G. H. Hardy and J. E. Littlewood.
Our earlier proof, which followed the classical lines of the calculus of residues, as exposed in LindelSf's book ~, was fairly straightforward, but very long.
Two other proofs have been given recently by vx~ DE~ CORPUTfl The proof which we give here proceeds on lines different from any of these, and seems to us in some ways the most natural. It has also the advantage of being applicable, in principle at any rate, to the sums associated with any power of a a theta-function, such as the sum 0=<n~m where r(n) is the number of representations of n as a sum of two squares.
The proof which we give here owes very much of its comparative simplicity to the criticism of Mr. A. E. I~GHA~r, tO whom we submitted our original version. In particular Mr. Ingham pointed out to us the usefulness of the elementary identity (5.2), and we have rewritten the whole of w167 5--7 in accordance with his suggestions.
z. We begin by showing that we may assume certain supplementary hypotheses without prejudice to the generality of the theorem.
In the firs~ place, since we are aiming at a result which holds uniformly in 0, we may suppose that o<8<I. The result for ~-o or 0:I will then follow by continuity.
Next, we may suppose that 
